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TRUONG THCS GIANG VO
NAM HOC 2022 - 2023

A. LY THUYET CAN NHO:

I.

1.

PAI SO:
H¢ hai phuong trinh bac nhat hai an

+ Giai hé phuong trinh bang phuong phap thé, phuong phap cong dai s6

+ Giai bai toan bang cach lap hé phuwong trinh

2.

Ham s y = ax’(a = 0)

+ Tinh chat, do thi cta ham s6 y = ax*(a # 0)

PE CUONG ON TAP HQC KY II - MON TOAN 9

+ Phuong trinh bac hai mot 4n va cong thirc nghiém, cong thirc nghiém thu gon ciia phuong trinh bac hai

+ H¢ thirc Vi — ét va ing dung

II.
1.

B.

I.

HINH HQC:
Goc voi duong tron:
+ goc & tm
+ goc ndi tiép
+ gdc tao boi tia tiép tuyén va day cung
+ gbc co6 dinh bén trong, bén ngoai dudng tron
+ cung chura goc
Tt giac noi tiép:
+ dinh ngh1a tinh chét cua tir giac noi tlep
+ cac du hiéu nhan biét tr giac ndi tiép
Cong thure tinh d6 dai duong tron, do dai cung tron, dién tich hinh tron, hinh quat tron
Hinh hoc khong gian: hinh try, hinh nén, hinh cau

BAI TAP THAM KHAO:
PHAN DAI SO:

Dang 1. Riit gon biéu thirc va cac cAu héi lién quan:

Bai 1: Cho hai biéu thiic P =

\/;—1 . X\/_ 1 x x+1
ﬁan VO’IX>0X¢1
X+

P x+ff

a) Tinh gia trj cta biéu thirc P khi x=16
b) Rt gon biéu thirc 4= P.0
c) Sosanh 4 va | 4|
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Jx +1 iy 2x x+2 9vx+2

aB= + -
2-Jx  4-x

\/;+2 \/;+2

Bai 2: Cho hai biéu thiic 4=

voi x>0 x#1;x 24

a) Timx dé A:%

Jx -1
Jx -2

¢) Tim cac gia tri nguyén cua x dé P= A.B nhan gia tri 1a mot sb tu nhién

Jx VéN_\/;+3_\/;+2+ Jx+2
Jx +1 Jx-2 Jx-3 x-5Jx+6

a) Tinh gia tri ctia biéu thirc M khi x=9
1
Jx -2

c¢) Cho P=M :N.Tim cac gia tri cia x thoa man 2P = 2Jx -9

b) Chung minh ring B =

Bai 3: Cho hai biéu thitc: M =1-

Vol x> 0;x#4;x#9

b) Chung minh rang: N = . Tim x @& N >0

Bai 4: Cho hai biéu thtc:

o ] +\/§+8 \/;—ZVéQ:x+\/;—l
\/;—2 x—4 | 2 \/;4‘2

a) Rt gon biéu thirc P

b) So sanh P véi 3

¢) Tim cac gia tri ctia x dé P nhén gia tri nguyén
d) Cho M = P+Q. Tim gia tri nho nhit cia M

voi x> 0;x#4

Bai 5: Cho hai biéu thiec:

A B VéB—\/;_z
x—4 Jx-2 Jx+2 Jx-3
a) Tinh gia tri cia B khi x=36

Jx

Jx-2

¢) Tim so ty nhién x d&é P = B.(4—1) dat gia tri 16n nhat

A

voi x> 0;x#4

b) Chung minh 4=

Dang 2. Giai bai toan bing cach lip phwong trinh hodic h¢ phwong trinh:

Bai 1: Mot xe 6 to va mot xe may cung khoi hanh tir A dé di dén B vé6i van tbec mdi xe khong doi trén toan
b quang duong AB dai 120km. Do van toc cua xe 6 t6 16n hon van toc cua xe may 1a 10km/h nén xe 6 t0
dén B sém hon xe may 36 phut. Tinh van toc ctia moi xe?

Bai 2: Mot tau tuan tra chay nguoc dong 60km. Sau d6 chay xudi dong 48km trén cing mot dong séng co
van toc cia dong nudc 1a 2km/h. Tinh van toc cia tau tuan tra khi nudce yén lang, biét thoi gian xudi dong it
hon thoi gian ngugc dong 1 gio

Bai 3: Mot tam giac vudng c6 canh huyén bang Scm va dién tich bang 6¢m? . Tinh d¢ dai cac canh goc
vuong cua tam giac vuong do
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- . N 1a A A ‘A 12 . L. A .
Bai 4: Hai nguoi cung 1am chung mot cong viéc trong r gio thi xong. Néu moi ngudi lam mot minh thi
thoi gian dé ngudi thir nhat hoan thanh cong viéc it hon ngudi thir hai 1a 2 gid. Hoi néu lam mot minh thi
moi nguoi phai lam trong bao 14u d€ xong cong viéc.

Bai 5: Dé hoan thanh mot cong viéc theo du dinh thi can mot sb cong nhan lam trong mét sb ngay nhét dinh.
Néu tang thém 10 cong nhan thi cong viéc hoan thanh sém dugc 2 ngay. Neu bot di 10 cong nhan thi phai
mat thém 10 cong nhan thi phai mat thém 3 ngay nita mdi hoan thanh cong viéc. Hoi theo du dinh thi can
bao nhi€u cong nhan va lam trong bao nhiéu ngay?

Bai 6: Mot to theo ké hoach mdi ngay phai san xuat 40 san pham. Khi thyc hién, do cai tién ning suat nén
moi ngay san xuat dugc 45 san pham. Do do, to khong nhiing hoan thanh trudc ké hoach 2 ngay ma con
vugt muc 5 san pham. Hoéi theo ké hoach, t6 phai san xuat bao nhiéu san pham?

Bai 7: Mot phong hop c6 300 ghé ngdi, duoc xép thanh mot s6 hang c6 sé ghé bang nhau. Budi hop hom d6
c¢6 378 nguoi dén du nén ban t6 chirc di ké thém 3 hang ghé va mdi hang ghé phai xép thém 1 ghé méi du
chd ngdi. Hoi lic dau phong hop c6 bao nhiéu hang ghé biét rang s hang ghé luc dau khong vuot qua 20
hang.

Dang 3. H¢ hai phwong trinh bac nhit hai 4n:

Giai cac hé phuong trinh sau:

2 {x+3y=4 o {Nﬁuﬁ:m

3x-4y=-1 2Jx-1-\y=4
2 —5y=
3(x_2)_T3:4 5 2|x+1|-5y .;
b) yl |x+1|+2y=—§
2x—2)+——=5
y+3

Dang 4. Ham s6 y = ax’(a = 0) va phuong trinh bac hai mjt 4n
Bai 1: Trong mit phing toa do Oxy, cho parabol (P): y = 2x>

a) Viét phuong trinh duong thang di qua diém A(0;-2) va tiép xtic véi (P)

b) Cho dudng thing (d): y =2x+4. V& (P) va (d) trén cing hé tryc toa do

¢) Chiung minh (d) cat (P) tai hai diém phan biét A, B. Tinh dién tich tam giac OAB
Bai 2: Trong mit phing toa do Oxy, cho dudng thang (d): y = 2mx —m® +1va parabol (P): y = x*(m I tham
)

a) Tim toa do giao diém cua (d) va (P) khi m =2

b) Tim tit ca gia tri m dé duong thang (d) cat (P) tai hai diém phan biét A(x,,,); B(x,;y,) thoa man

Ny, >4

Bai 3: Cho Parabol (P): y =—x va dudng thang c6 phuong trinh (d): y = 2x +m (m 1a tham s6)

a) Tim m dé (d) cat (P) tai hai diém phan biét ndm vé bén trai cia tryc tung
b) Tim cac gia tri cia m dé duong thang (d) cat (P) tai hai di€ém nam ve hai phia cua truc tung
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Bai 4: Cho phuong trinh: x> —6x +2m +1= 0 (m la tham s6)

a) Tim m dé phuong trinh c6 mot nghiém bang -3. Khi d6 hiy tim nghiém con lai

b) Tim m dé phuong trinh c6 hai nghiém duong phén biét

¢) Tim m dé phuong trinh c6 hai nghiém trai dau trong d6 nghiém am c6 gia tri tuyét di bé hon
d) Tim m dé phuong trinh ¢6 hai nghiém x;x, thoa man: 2x, —x, =15

e) Tim m dé phuong trinh c6 hai nghiém x,;x, théa man: x,(x, +1)+x,(x, +1) =18

Bai 5: Cho phuong trinh x* — 2mx +2m —1=0 (v6i m 13 tham s6)

a) Chang minh phuong trinh luén c6 nghiém véi moi gia tri ctia m

b) Tim m dé phuong trinh c6 hai nghiém x,;x, théa man: x> +x,” =5

¢) Tim m dé phuong trinh c6 hai nghiém x,,x, thoa man x,” =x, —4
Bai 6: Cho phuong trinh: x> —2(m—1)x—3—m =0 (x 4 an s0)

a) Chung t6 rang phuong trinh c6 nghiém X;;X, vé1i moi m

2 . . .4 4
b) Tim m d€ phuong trinh c6 hai nghiém x,;x, théa man —+—=—-—
XX

¢) Tim gié tri nho nhét cua biéu thire: 4=x"+x,’ —x, —x,

d) Tim hé thuc giita hai nghiém khong phy thudc tham sé m
Dang 5. Mt s6 bai tap nang cao:

ab

Bai 1: Vi hai s6 thuc khong 4m a, b thoa man o +b* = 4, tim gid tri 16n nhat cia biéu thic M = 5132
a+b+

Bai 2: Tim gi4 tri nhé nhét cua biéu thite P=+/1—x +/1+x +2Vx

Bai 3: Cho biéu thitc P =a* +b* —ab vdi a, b 12 hai s6 thuc théa man a” +b* +ab =3 . Tim gié tri 16n nhat
va gia tri nhé nhat cta biéu thuc P.

Bai 4: Vi hai s6 thyc a, b théa min a” +5> =2, tim gia tri nho nhit va gi tri 16n nhit cua biéu:

a) P=3(a+b)+ab

b) P=+va+1++b+1

.. £ T U T , f 1
Bai 5: Cho s6 thuc x> 0, tim gi4 tri nho nhat ctia biéu thire P=x+, /x> +—
x

II. PHAN HINH HOQC:

Bai 1: Cho duong tron (O;R) va diy AB c6 dinh nho hon 2R. Goi K 14 diém chinh giita cung nho AB. K¢é
duong kinh IK cit AB tai N. Lay diém M bat ki trén cung 16n AB (M khac diém A va B), MK cit AB tai D.
Hai dudng thang IM va AB cit nhau tai C.
a) Ching minh tir giac MNKC 1a tir giac noi tiép
b) Ching minh: /M .IC = IN.IK
¢) Goi ID va CK cit nhau tai E. Chimg minh E thudc dudng tron (O;R) va NC 1a tia phan gic ctia
NME
d) Khi M di chuyén trén cung 16n AB (M khac diém A va B). Ching minh dudng thang ME luén di qua
mot diém c6 dinh
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Bai 2: Cho tir giac ABCD ni tiép (O;R) duong kinh AD. Goi E 1a giao diém ciia AC va BD. K¢ EF vuong
goc voi AD tai F.

a) Chung minh tir giac ABEF néi tiép duoc duong tron

b) Chung minh CA 1a tia phan giac ctua BCF
¢) Dudng tron ngoai tiép tam giac BCF cit BD & M. Ching minh OM // AC

Bai 3: Cho duong tron (O;R) va diém A ¢6 dinh ndm ngoai duong tron. Tir A ké hai tiép tuyén AB, AC dén
(O;R) (B, C 1a cac tiép diém). Qua A ké cat tuyén AMN (AM<AN, B va O nam cung phia vdi cat tuyén
AMN). Goi H 14 trung diém cta MN.

a) Chting minh: 4B* = AM .AN

b) Chimg minh tir gidc ABOC va ACHO la céc tir gidc noi tiép

¢) Qua H ké duong thing song song voi BN cat BC tai E. Chimng minh ring ME//AB

d) Chtg minh khi cat tuyén AMN thay doi thi tAm duong tron ngoai tiép tam giac MHE thudc mot
dudng tron ¢d dinh.

Bai 4: Cho tam giac ABC nhon ndi tiép dudng tron (O;R). Cac duong cao AD, BE, CF cit nhau tai H. Ké
duong kinh AG cta dudng tron (O). Goi I 1a trung diém BC.

a) Ching minh BFEC va AFHE la cac tir gidc ndi tiép

b) Chirng minh AE.AC = AF.AB va ti giac BHCG 1a hinh binh hanh

¢) Cho BC c6 dinh, diém A chuyén dong trén cung 16n BC sao cho tam gidc ABC nhon. Tim vj tri caa
A dé dién tich tam gidc AEH 16n nhat.

Bai 5: Cho duong tron (O;R) va day BC ¢ dinh khong qua O. Trén tia d6i ciia tia BC 1ay diém A khac B.
Tir A ké cac tiép tuyén AM, AN véi dudng tron (M, N 12 tiép diém).

a) Chang minh bon diém A, M, O, N cung thudc mot duong tron.
b) MN cat OA tai H. Chimg minh O4 L MN va AH.AO = AB.AC
¢) Ching minh khi A thay ddi trén tia di ctia tia BC, duong thing MN ludn di qua mot diém c6 dinh.

Bai 6: Cho nira duong tron (O;R), duong kinh AB. Trén tia tiép tuyén ké tir A cua nira dudng tron nay lay
diém C sao cho AC>R, tir C ké tiép tuyén thir hai CD ciia nira duong tron (O;R), voi D 1a tiép diém. Goi H
1a giao diém ctia AD va OC. Chirng minh: ACDO 1a tir giac ndi tiép.

a) Puong thang BC cat duong tron (O;R) tai diém thir hai 1a M. Ching minh: CD* = CM.CB
b) GoiK 1a giao diém cua AD va BC. Chimg minh: MHC = BCO va ol = KM
CB KB
Bai 7: Cho (O) va diy AB c6 dinh khong di qua O. Pudng kinh CD vudng goc véi AB tai H (C thudc cung
AB 16n). Diém M di chuyén trén cung AC nho (M # A, M # C). Puong thang CM cit AB tai N, MD cit
AB tai E.

a) Chung minh tr giac CMEH ni tiép

b) Ching minh NM.NC = NA.NB

¢) Ké duong kinh AP cua (0). Goi I 14 trung diém ctiia MC, ké IK vudng goc voi dudng thang AM tai
K. Chimg minh IK // MP va K thudc dudng tron c6 dinh khi M di chuyén trén cung nhé AC.

Bai 8: Cho nira duong tron tim O dudng kinh AB. Lay diém M bat ki trén nira duong tron. Tiép tuyén tai M
cit tiép tuyén Ax va By ciia nira dudng tron 1an luot tai C va D. Tia AM cat CO va By lan luot tai E va G.

a) Chung minh tir giac BOEG ndi tiép

b) Chimg minh AC.BG =2R’
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¢) BC cit OG tai K. Ching minh rang: D 1 trung diém ctia BG va OM tai tiép tuyén ciia duong tron
ngoai tiép tam giac MKG.
d) Biét MB cit OD tai F. Chtrng minh ba dudng thang EF, BC, AD dong quy

Bai 9: Mot chiée quat c6 cac kich thudc nhu hinh vé

a) Quat md duoc t6i da mot cung c6 d¢ dai 1a bao nhiéu?
b) Hay tinh dién tich phan gidy dung lam quat, biét chiéc quat dugc lam 2 mat gidy (liy 7 ~ 3,14, két
qua 1am tron dén hang don vi)

Bai 10. Dung mdt méanh vai hinh tron dé pht 1én mét chiéc ban hinh tron c6 dién tich 1849 zcm?, sao cho
khan ra xudng khoi mép ban 20cm (khong tinh phan mép khan). Tinh dién tich phan khan ri xuéng khoi
mép ban. (Idy 7 ~ 3,14, két qua lam tron dén chir s6 thap phan thir nhat)

Bai 11. Mot tau danh ca khi ra khoi can mang theo 50 thung dau, mdi thing dau coi 13 hinh tru ¢ chiéu cao
1a 90cm, dudng kinh day thung 1a 60cm. Hay tinh xem lwong diu ma tau phai mang theo khi ra khoi la bao
nhiéu lit (1ay 7 ~ 3,14, két qua lam tron dén hang don vi)

Bai 12. Mot cde thuy tinh c6 dang hinh tru dang chira mdt lugng nudc. Ban kinh day cua cbc nude hinh tru
do 1a 3cm. Nguoi ta tha 1 vién bi hinh cau (khong tham nudc) vao coc, vién bi chim xudng day coc va lam
cho ct nude dang cao thém 4cm va nudc chua tran ra ngoai. Tinh ban kinh ctia vién bi

Bai 13. M6t hop sita hinh tri ¢6 duong kinh day 1a 12cm, chiéu cao 10cm. Nha san xuét pht kin mat xung
quanh ctia hop sita bang gidy in cac thong tin ctia san pham. Hay tinh dién tich phan gidy in cac thong tin
ctia san pham d6 (lay 7z ~ 3,14, két qua lam tron dén hang don vi)

Bai 14. M6t dung cu lam bang thuy tinh ding dé chtra dung dich c6 dang hinh nén véi do dai duong sinh 1a
15cm va dién tich xung quanh 12 270cm? . Hay tinh thé tich cta dung cu d6 (b6 qua bé day ciia dung cy, lay
7 = 3,14, 1am tron két qua dén hang chit s6 thap phan thir nhat)

Bai 15. M6t bé ké mini hinh cau c¢6 duong kinh 18cm. Ban du bé chua ¢ gi. Sau d6 nguoi ta dd vao bé 6
cde nudc, mdi cde chira 350ml nude. Hoi lugng nude chiém bao nhiéu phan tram thé tich bé? (liy = ~ 3,14,
két qua lam tron dén chir s6 thap phan thi hai)

Bai 16. M6t cai tryc 1an son c6 hinhg try, ban kinh cua duong tron day 1a Scm, chiéu cao 1a 23cm. Sau khi
lan duoc tron ven dugce 10 vong thi truc tao trén tuong dién tich béng bao nhiéu. (lr?iy 7 ~3,14, két qua lam
tron dén hang don vi)

II. PE TU LUYEN: D¢ kiém tra hoc ki I Quin Ba Pinh nim hoc 2020 — 2021
Thoi gian lam bai: 90 phut

Bai L. (3,0 diém)
! - _Ll —9
+ —
1) Giai h¢ phuong tinh * Y
3 1
+——=56
x+3 y-1

2) Cho phuong trinh: x* —2mx? +(m* —1) =0 (m la tham sd) (1)
a) Giai phuong trinh (1) khim =3
b) Tim m dé phuong trinh (1) c6 ba nghiém phan biét
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Bai II. (3,0 diém).

1) Giai bai toan sau bang cach 1ap phuong trinh hodc hé phwong trinh
Mot ca ndi di xudi dong tir A dén B cach nhau 40km sau d6 ngugc dong tir B dén A. Cho biét thoi
gian di xudi dong it hon thoi gian di nguoc dong 1a 20 phit, van tc dong nude 1a 3km/h va van tdc
riéng ctia cano khong doi. Tinh vén tdc riéng cta ca nd

2) Nguoi ta trai mot chiéc khan hinh tron c6 ban kinh 1m trén mot mit ban c6 hinh tron ban kinh 60cm.
Tinh dién tich phan khin ra xudng (Iam tron dén chit s6 hang don vi)

Bai III. (3,5 diém) Cho (O;R) va diém A c6 dinh ndm ngoai duong tron (O). Qua A ké duong thang d cit
(O) tai H, K (AH<AK). Goi I 1a trung diém ctia HK. K¢ tiép tuyén AB, AC t6i (O), (B,C 12 hai tiép diém va
B thudc cung 16n HK)
1) Ching minh tir giac ABOI noi tiép
2) Goi G la giao diém ciia OA va BC. Chimng minh AC* = AH.AK va AKO = AGH
3) Hai tiép tuyén tai H, K ctia duong tron (O) cat nhau tai S. Chimg minh: GC 1a tia phan giac cua goc
HGK va ba diém B, C, S thiang hang.

Bai IV. (0,5 diém). Cho cac sb thuc x, y thoa man diéu kién: Vx+2 —y* =/y+2 —x*. Tim gid tri nho nhét
ctia biéu thire 4 = x> +2xy -2y +2y+2021
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